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Bﬁile:[ux_ 4> _2—x}£4x2—12xj
2-x x*—-4 2+x 2x* —x°
a) Tim diéu kién cia A va rit gon A

b) Timxd€ AcZ
Bai 2: Tim x biét:
a) 2013x% +x=2012
b) (x+2)(x+3)(x+4)(x+5)—24:0

Bai 3:
a) Tim gia tri nh6é nhi't cia A =2x* +y® —2xy +4x+2y+5
2 2 2
b) Choa+b+c=1va —* +—2 € _1 Chingminhi >+ >+ € _9
b+c¢c c+a a+b b+c¢c c+a a+b

Bai 4: Cho hinh vuéng ABCD. LAy E bat ki trén BC, trén tia déi ciia tia CD 13y di€m F sao cho
CF = CE. K la giao diém cia FE va BD. O la giao diém ciia AC va BD. DE cit BF tai H. M la
trung di€m cia EF.

a) Ching minh: DH | BF.

b) Chiing minh: tif gidc OKMC la hinh chit nhit.

¢) Ching minh: A; H, K thing hang.
Biai 5: Cho AABCnhon c6 3 dudng cao AD, BE, CF ciit nhau tai H. Goi M, N, S 14n lugt 1a diém

AM BN CS

doi xitng cua H'qua BC, AC, AB. Tinh —— + — +—.
AD BE CF

% HET %
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Bail: A 2+x_ 4x _2—x : 4x° -12x
2-x x*—-4 2+x 2x* —x°

a) Tim diéu kién ctia A va rit gon A

2-x#0
x>—4%0 x72
Didukien: 12+4x20 < iX7 2
s 3 x#0
2x°—x" #0
s x#3
4x° -12x#0

A=[§f§—X‘f’f4—§1§}[4§;‘f§ﬂ - [-iiii—(X+§)"<l_2)+l‘éH—?g,’fjﬂ
A:—(x+2)2—4x2+(x—2)2 .[_4()(—3)] X dxedAv i x —ax+d X(x-2)
(x+2)(x-2) (x+2)(x-2) ~4(x-3)

A —4x* - 8x .X(X—Z) —4x(x+2) X(X—Z) _ x2

X(X—Z)

C(x+2)(x-2) —4(x-3)  (x+2)(x=2) 4(x-3) [x-3

b) Timxd€ AcZ

_ x2 :X2_9+9_(x—3)(x+3)+9:X+3+_
x-3  x-3 (x—3) x-3

P& AcZ thi 9i(x-3)< (x—3) e U(9) RN (x—3) c {1;—1;3;—3;9;—9} oxe {4;2;6;0;12;—6}

|
\D |

A

Loai x=2va loai x = 0. Vay x e {4;6;12; —6} thi A c6 gia tri nguyén.
Bai 2: Tim x biét:

a) 2013x” +x=2012

2013x*> +x=2012 < 2013x* +2013x —2012x —2012=0

& 2013x(x+1)-2012(x+1)=0 < (x+1)(2013x—2012)=0

2012
2013

< x+1=0 hay 2013x-2012=0 < x=-1hayx=

2012
2013

b) (x+2)(x+3)(x+4)(x+5)-24=0

Vay x=-1 hay x=
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(x+2)(x+3)(x+4)(x+5)-24=0
& (x+2)(x+5)(x+3)(x+4)-24=0
(X2+7x+ )(x2+7x+12)—24=0

Pit y =x* +7x+11, khi d6 phuong trinh tré thanh:
(y-1)(y+1)-24=0=y* =25<y=5hayy= -5
THI: y=5=x"+7x+11=5<x +7x+6=0 < (x+1)(x+6)=0<x=-1hayx=—6

2
TH2: y:—5:>x2+7x+11=—5<:>x2+7x+16=0<:>£x+%j +1—5=0(v61i)

Vay x=—-1hay x=—-6
Bai 3:

a) Tim gi4 tri nhé nhat ctia A =2x> +y* —2xy +4x+2y+5

A=2x"+y’ —2xy+4x+2y+5
A=y’ —2xy+2y+2x’ +4x+5
A=y*-2y(x-1)+(x-1) ~(x-1) +2x* +4x+5
A=(y-x+1) —x* +2x-14+2x> +4x+5
A= y—x+1)2+xz+6x+4

2 2
y—x+1) +(X+3) -5>-5

2 ’, 2 N , 2 . +3=0 =-3
Vay gia tri nho nhat cua A la -5. Dau ="’ xay ra khi {X = {X

y—-x+1=0

a C

b) Choa+b+c=1va + + =1. Chiing minh: + =
b+c¢c c¢+a a+b b+c¢c c¢+a a+b

, .. a b c
Taco:a+b+c=1va + F =1
b+c c¢+a a+b

:>(a+b+c) a ., b ¢ bt
b+c¢ e¢+a a+b

a’ +a(b+c) b’ +b(c+a) c’ +c(a+b)

& + + =a+b+c
b+c c+a a+b
a’ b’ ¢’
= +a+ +b+ +c=a+b+c
b+c c+a a+b
a’ b’ c’
= + + =0

b+c¢c c¢+a a+b

Bai 4: Cho hinh vuéng ABCD. Lay diém E bat ki trén BC, trén tia doi cta tia CD 1ay diém F sao

cho CF = CE. K la giao di€m ctia FE va BD. O la giao di€m ctia AC va BD. DE cit BF tai H. M la
trung diém cia EF.
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°

D C

a) Ching minh: DH | BF.

Xét ACEF vuéng tai C, ta c¢6 CF = CE (gt) = ACEF vuéngcan tai C = CFE =45"
Ma ACD = 45" (...) nén CFE = ACD . Miit khic: 2 géc nay nim 6 vi tri ddong vi nén FE // AC
Ma AC L BD(ABCD Ia hinh vuéng) nén FE L BD tai K
BC la dudng cao(BC L DEai F)
Xét ABDF, ta c6: 1 FK la dubng cao(FK L BD tai K)
BC cit FK tai E (gt)
= E Ia truc tam ctia ABDF ma DE cit BF tai Hnén DH L BF

b) Chitng minh: ti gidc OKMC la hinh chit nhat.

Xét ACEF can tai C, ta ¢6 CM l1a dudng trung tuyén (...) nén CM la duong cao cua ACEF.
Xét tif giac OKMC, ta c6 COK =O0KM=CMK =90’
= t giac OKMC la hinh chit nhit (t@ giac cé 3 géc vudng)

¢) Ching minh: A, H, K thiing hang.

Goi P 1a giao di€m cia OM va CH.
OH-= OC(= ?j

EF

= OM la dudng trung tryc ciia doan HC= P la trung diém cia HC.
MH = MC(Z —j
2

Ta co:

Do d6: OP la dudng trung binh cia ACAH=OP //AH = OM// AH (viPcOM)
ot {KM = OC(OKCM Ia hinh chif nhat)
OA =0C(O Ia trung diém ctia AC)
Xét td giac OAKM, ta cé:
KM // OA(...)
{KM =0A (cmt)

= KM=0A

= tit gidc OAKM Ia hinh binh hanh (...) = OM / AK
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OM // AH(cmt) . ,
Ta c6: = AH= AK(Tién dé O-clit) = A,H,K théng hang.

OM // AK(cmt)

Bai 5: Cho AABCnhon c6 3 dudng cao AD, BE, CF cit nhau tai H. Goi M, N, S 1an lugt 13 diém

doi xitng cua H qua BC, AC, AB. Tinh % ﬁJFQ

BE CF’

M
Ta cé:
AM BN CS AD-+MD BE+NE CF +SF MD NE SF MD NE SF
—t—+— RN +1+ +1+—=3+—+—+—
AD BE CF  AD BE CF AD BE CF AD BE CF
ma MD = HD; NE = HE; SF = HF
. AM BN CS HD HE HF
nén —+—+—=3+—+—+—
AD BE CF AD BE CF
S S S
Ta c6: Sy +Spac T Sians =Sipe = Soc +_HAC L TAB —]
SABC SABC SABC
1ILII)BC 1HEAC 1HFAB
2 2 2 HD HE HF HD HE HF
= + + =1= +——F—=1=23+—+—+—=4
1 1 1 AD BE CF AD BE CF

—ADBC —BEAC _CF.AB
2 2 2

JAM BN CS HD HE HF ., AM BN CS
Ma =3+—+—+— nén

—t—t— én —+—+—=
AD BE CF AD BE CF AD BE CF

¥ HET 3¢
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